Title: Property preservation in parametric optimization

Abstract: We develop a certificate-based framework for property preservation in
parametric optimization. Its central object is an exact liftability set combining upstairs
certificates, and feasible lifts of the positive and negative parts of a downstairs
certificate. Membership implies preservation; separation yields a violating witness.
This gives a unified treatment of convexity, submodularity, and related preservation

phenomena for value functions.
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